Distortion in Complementary-Pair
Class-B Amplifiers

In which the author develops,
among other things, a new treatment
of crossover distortion

By B. M. Oliver

THERE ARE TWO PRINCIPAL TYPES OF DISTORTION in
class-B amplifiers using complementary pairs of transis-
tors. One is caused by 3 difference between the two
transistors; the other, known as crossover distortion, is
caused by differences in the slope of the transfer char-
acteristic near the operating point as compared with the
slope at high current levels. We shall consider both types
using a general approach applicable to a wide variety of
particular circuit configurations and shall study the effec-
tiveness of negative feedback in suppressing the distor-
tion. In all cases we assume a sinusoidal input and take
as the measure of distortion the ratio of total harmonic
power to fundamental power in the output.

i-Difference Distortion

Consider the circuit of Fig, 1, in which two transistors
having different s are biased by an appropriate means
and have their common emitter node connected to a load
resistor, R.. The source is assumed to have an internal
resistance, R,. There are, of course, little resistances like
R,, the base ohmic resistance, and R, the emitter resist-
ance, but for the moment we shall consider these to be
included in R, and R.. Since we shall be considering large

Flg. 1. Two transistors of different B feed common load.
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signals here, we shall ncglect the junction-law distortion
and assume the junction resistance to be zero for forward
bias and infinite for reverse bias.
For ¢, positive, the transmission is given by
(M R: ﬁlR7
N =l ek A R
where «, is the a of the upper transistor. Similarly for
negative é.,
ks — € R. = paR:
e (I —a)R + R R, + B.R.
The ratio of these transmissions is
_k.l._ _ég_ Gle + P‘:Rz (»,)
k: ﬂ’ GlRl + ﬂlR:. 2
If R, is infinite (current source of magnitude i;:) then
l_f_: = ﬂ:ﬁ! ~ﬁ
k: P G:B: (L B:
k./k: = 1. The ratio of R./R, determines the amount of
local feedback or degeneration and affects the ratio of
the transmission for positive signals to that for negative
signals. 2-difference distortion thus depends upon the cir-
cuit configuration and will in general be low if the pair is
voltage driven and high if the pair is current driven. The
point 1s that, for any configuration, one can always find
the appropriate k, and k. and from these compute two
normalized slopes

- (1b)

while if R, is much less than gR., then

ks

k: ==
i TS Sl O
which have the properties
m 4 me m, f_:_
——5— = land o AL (3b)

We are now in a position to represent the actual am-
plifier, whatever its configuration, by 2 linear amplifier
followed by a non-linear device having the transfer char-
acteristic shown in Fig. 2. where w is the input amplitude
and v the output amplitude. We neglect all curvature at
the origin, present in actual devices. electing instead to



simplify the analysis and obtain a slightly pessimistic re-
sult.

In the feedback amplifier of Fig. 3, which incorporates
our non-lincar device, we have for positive signals

mye

Prhe= -l—_-_—"m'.l' (‘)
and similarly, for negative signals:
s e
V= T g )

uf2 is the loop gain if v = u (unity slope). This @2 is the
traditional feedback ratio. Nothing to do with transistors!
If m were unity and we wished an output

y=asing,
we would need an input

1 —u8
i

(6)

7N

with this input and the actual transfer characteristic, the
output will be

W= asin ¢,

y=as, sing, y>0

(8)
y=assin$, y<0
where
=1, i=T (9)

s and s, are, of course, the transfer characteristic slopes
as modified by the feedback. Both approach unity as 2
—= oo unless m, or m. 18 zero,

The amplitude of the fundamental component in the

output is:

a, = = —_ 2 .
sin® ¢ dep

o —y

The mean square departure from the fundamental is

L4
[ e—asineras
8a’ = =

™
.d¢

(10)

(5 — 52)%
(11)

|5,

The distortion, d, is given by
s rms depariure \/87_ | 8y —s5: |
rms fundamental  a, T + 5
VZ
— nt. 1
2 I 1 — mmapfl”
The distortion is reduced by feedback but the effective
loop gain is not /2 but mm.. 2. Thus, if cither m, or m.

(12)

m,
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is zero, the feedback is useless. On the other hand, if
m, =1 4+ aand m, = | — A where & < < 1, then
mam, = 1 — A" = 1, and we can consider the normal
feedback as being effective. We note that, for the sharp-
cornered transfer characteristic we have assumed, the
[-difference distortion is independent of amplitude.

A

g 2 Ampiifier transfer characteristic, input w vs. out-
put ».

Crossover Distortion

Fig. 4 shows a typical emitter follower class-B output
stage. The transistors are forward biased by a current /
flowing through two diodes and a resistor. R, is the total
resistance of this diode string. We include a resistor R, in
the base lead of the upper transistor to kecp the cir-
cuit symmetrical. Each emitter is coupled to the output
through a resistor R,

We will first analyze this circuit exactly to sce if there
is an optimum value of R, so far as crossover distortion
is concerned. Assuming the transistors to be identical so
that there is no g-difference distortion, all distortion will
arise from the non-linearity of the emitter-base junction
law. To find an optimum R, we need only minimize the
variarion in output resistance with signal current. Accord-
ingly, we ground the input to the stage and apply a voltage
to the output as shown in Fig. 5.

Let R be one-half the ohmic resistance around the
emitter base-bias loop, referred to the emitter:

Fig. 3 Feedback amplifier incorporating nonlinear ele-
ment,

R=(1—a)(R,+ R, + R, + R.. (13)
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If 1, 15 the operating current and i, and J, are the signal
currents produced by the voltage ¢, we then have
=y —i; (14)

and
Ta(1+ ) F R =Vi—en9)

I—-—t,

i:—tn(1+ x )+er 13D e Wi t0l6)

1, is the saturation current of each transistor, J and ¢
the output current and voltage. Wheni = 0,4, =i, =0
and ¢ = 0, so

V. —"q—rm( ’°)+Rl,

Substitution of this expression into (15) and (16) gives,
after multiplication throughout by %’: and neglecting 7,
in the result:

(a7

(18)
(19)

where g, = z—l’-‘f and is the emitter conductance at the op-

crating point.

If we assume a value forT we can casily computc the

corresponding value of -— :;. But then to find + T from (18)
involves the solution of a transcendental equation. No
way being known to rewrite (18) explicitly m—1 the

9100A Calculator was programmed to find this quamity
by successive approximations.

Having found %, it is then a simple matter to compute
the output resistance R, or rather the normalized quan-
tity g.R,, which consists of the two normalized resistances

e — )
&Ry = &R + T (20)
and
gR. =g R+ 1+ W, (21)
in parallel.
Asf - . ;1—»- 1. Thus g.R, — ¢&,R. = ¢.R.

The difference, Ag.R., between g.R, and its limiting
value for large signal currents is therefore

Agan =g (R, — R). (22)

The 9100A was used not only to solve for ;—' but to

compute and plot the 9125A plotter A¢.R, as a function

fig & To lind optimum R. input is grounded, voltage
applied to output.

of

(23)

The results are shown in Fig, 6.

We see that for g,R, = 0, the resistance falls with in-
creasing signal currents, while for g.R > 1, theresistance
rises, With g,R = ;- the resistance falls monotonically as

with g.R = 0, but by only half as much. With g.R = 1,
the initial and final values of g,R, are the same but there

isabmnpinbetwecnati'-~4 Thus a value of R some-
1

where bc:ween,z— and ns optimuny,

However, the drop across this resistance produced by

1. 1 kT . I kT
lheopcraungcurmnusonlvi—— = tog —T
or from 13 to 26 mllivolts. Oser the temperature ranges
from 0°C to 100°C, the junction drop of a silicon
transistor will change typically by 250 millivolts. Thus,
unless the biasing diodes (sec Fig, 4) track this change

within a few percent, [, will be very unstable. If the
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biasing diode were integrated on the same chip with the
transistor, accurate enough tracking might be achieved,
n which case these results would be of practical interest.

At present the most practical solution to the tempera-
ture stability problem appears to be 10 make R, many

times larger than = and to rely on negative feedback to
reduce the resulting distortion,

iy & Effect of emitter resistance on crossover distor-
tion.

To avoid wasting signal power in R, these resistors
may be shunted by diodes as shown in Fig. 7. If the oper-
atung current, I, produces a voltage drop in R, greater
than half the diode drop required to conduct currents on
the order of /,, then the diode on either side conducts and
shunts out its R, before the opposite transistor cuts off.
As a result, the output resistance never rises as in the
curves on Fig. 6 for g,R > 1. Rather, neglecting the for-
ward resistance of the diode, it drops by an amount

R. —R.— (1 —«o) (R, +R,)
2

at large signal currents, instead of rising by an amount

Rr+R¢+(l "’ﬁ) (R0+Rn)
3 .

Contrary to what one might expect, these power saving
diodes do not increase distortion; they may actually re-
duce it slightly.

When the diode is open, the transmission of the stage,
which we will call mu.,, is

-
ﬁx—el

open
R.

( —.)+(R.+R'§“R*)+R";R' + R
(24)
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With the diode closed and the opposite transistor not
yet open, the resistance of the path through the diode
(1 —a) (R, + Ry) + R,, is parallcled by the resistance
of the path through the other transistor (1 — «) (R, +
R;y) -+ R, -+ R.. Since the latter is ordinarily much larger,
we will neglect this intermediate condition and assume the
opposite transistor is always open when a diode is closed.
The transmission 1s then

| R.
o —.‘7;1—{_ (1 —a)(R, + R, +Ry) +R. + R,
closed
(25)

In all these expressions, we have neglected the diode
transistor junction resistances. Dividing (24) by (25), we
find

(1 —a«) (R, + R, +R)+R.+ R,
(1 —o)(R.+ R‘+R°)+ oL 2 TS
2 2
(26)

One diode or the other closes when the signal voltage

at the emitters has the absolute value
e=(1+¥)w—rrs.  en

For higher voltages, the conducting cmitter and the
output voltage differ by V,, the diode drop.

Thus we can represent the entire non-linear stage by
a lincar amplifier of gain ., followed by a non-lincar
transfer characteristic of slope m up to the breakpoint
and slope 1 thereafter. Further, if we agree to normalize
all voltages by dividing by e,, this breakpoint will have
the abscissa 1, as shown in Fig. 8.

In Fig. 9, we show this equivalent stage as part of a
feedback amplifier whose loop gain (above the break-
point) is ;2. In Figs. 8 and 9

m=

w=o (28)

=28 (29)
€,

y=%L, (30)

A similar normalization is possible for other circuit
configurations, so what follows is generally applicable.
Suppose we wish an output
¥ —asin é. (31
If the transfer characteristic had unity slope through-
out, this would require an input
1 —np
"
With the actual characteristic, the output up to the

W= asin é. (32)



fig. 7. Diodes shunt R, to avoid wasting power in resis-
fors.

Fig. & Transfer characteristic of entire nonlinear stage.

Fig. 9. Equivalent stage shown as par! of an ampiitier
whose Joop gain, above break point, is uit.

breakpoint i1s then given by:
P w=sasing &< é, (33)
ST
where
S Sl

s=m T—mpf (34)
and

o = sint g (35)

The quantity s will be recognized as the effective slope,
as modified by the feedback. Beyond the breakpoint

=y =75—= (w—w). (36)
I — ue
Using (32) and (33 ), this may be written
y=alsing — (1 —9)sing), ¢ 2 $o.  (37)

The fundamental component of the wave described by
(33) and (37)is

7 .
_/ ysing dé
o

?/x =
/ sin'gs d
7]

- —-(«po + sing, Cosds). (39

The mean square difference between the actual wave
and the fundamenml is:

f ()'—a)'d'b

= 1—(1 —s)K] (38)

where

=/2
A
gy ) 280 2\ ., KK+ D],
(1 .v)a.r +(l ")smcﬁ. 3 }
4m
Finally, the distortion is
s
d= a® =
()
‘ +211— sinér, — K(K + 1) i)
l—.v_Kl
Expressions (38) through (41) are valid only if e <
-2-14: :la>——#!’ ™ ihere is no

distortion although the gain is reduced. O( coum, ifm =
Othcoutpuuszerofora<l ﬁandmascnsethe
distortion is large.

We note from (41) that d — 0 as §, — O (large sig-
nals) and as ¢, —»
There is thus some intermediate value of ¢, at which the
distortion is worst. However, it is not convenient to find
this maximum by differentiating (41). Instead, the Y100A
Calculator was programmed to plot d as a function of ¥
for various values of m and 5 8.

Fig. 10 shows the distortion with no feedback and var-
ious values of m, while Figs. 11, 12 and 13 show the
same values of m, but with 20 dB, 40 dB and 60 dB of
feedback, respectively. The importance of havingm > 0
is evident, for with m = 0 the distortion becomes infinite

-’i-(un!esu = (), in which case d—= ).
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as a % — 1, regardless of the amount of feedback.

Fig. 14 shows the maximum distortion (expressed in
dB) as a function of m for the same values of feedback.
Note that for m — 0.6 the maximum distortion is less
than the fundamental by 20 dB - the feedback. £

Fig 11 Crossover distortion, 20 dB feedback.

Fig. 12 Crossover distortion, 40 dB leedback.

Flg. 14, EMlect of initial slope on crossover distortion.

Dr. Bernard M. Oliver
Barney Oliver Is HP's vice
president for research and
development. His bachelor's in
EE is from Stanford, his MS
and PhD from Cal Tech. Before
coming 1o HP he was a
member of the tachnical staff at
Bell Labs, making contributions
to the development of auto-
matic tracking radar, television,
information theory, and effi-
~ cient coding systems, He holds
more than 50 patents, is a
Fellow and a past president of
mo IEEE, and a member of the National Academy of
Engineering. He has also served as a lecturer In electrical
engineering at Stanford,

At the company's headquarters in Palo Alto, Barney
directs the activities of HP Laboratories, a centralized,
multi-disciptinary facility which pursues advanced design

projects on behalf of all the firm's divisions,

HEWLETT-PACKARD JOURNAL « FEBRUARY 1971 Volume 22+ Number 6

TECHWICAL INFOAMA TION FROM THE LABORATOMES OF nsw:.zn-ancxkao COMPANY 1501 FAGE MILL NOAD, FALO ALTO, CALIFLINA BAX4 USA.
ToARgaesHeatelt

Hew sl Packand S A 1717 Wayin « aress, Saitawtand ¢

Spcewa L Snogys Ky, Toayo 157 Jagen

Eoter A M Sogoer Eotons Boerd A F Dolan L D Sevgais At Dwetior Arvie & Darestsan  Assistart Marcwd Jogan

6|Page




